PART 1. ON A CLASS OF MEROMORPHIC FUNCTIONS IN THE UNIT-CIRCLE
Suppose that $y=f(x)$ is meromorphic in the unit-circle and consider the family $\{f_{a}(z)\}$ formed by all the functions (1) $f_{a}(z)\equiv f(\frac{z-a}{\overline{a}z-1})$ , where $a$ varies throughout inside the unit-circle $|z|<1$ . Then, let us say, after K. $YOSIDA(3)$ , that the function $y=f(x)$ belongs to class $(A)$ , if $\{f_{a}(z)\}$ is a normal family for $|z|<1$ in MONTEL'S sense.
The object of this part is to study $\cdot$ some properties of class (A) . For this Purpose, use is made of the pseudo-distance (2) $D(a_{1}, a_{2})=|\frac{a_{1}-a_{2}}{\overline{a}_{1}a_{2}-1}|$
(1) K. YoSIDA: On a class of meromorphic functions, Proc. Phys.-Math. Soc. Japan, 3. ser., 16 (1934) , pp. 227-235 (2) P. MoNTEL: Sur les fonctions localement univalentes ou multivalentes, Ann. Ec. Norm., (3) , 54 (1937) . First the following will be proved. Theorem 1. In order that $y=f(x)$ may belong to class $(A)$ , it is necessary and sufficient that there should exis
Suppose that the inequality (4) holds. It is easily shown that, nside the unit-circle,
as a consequence of the invariant form $\frac{|dx|}{1-|x|^{2}}=\frac{|dz|}{1-|z|^{2}}$ for any transformation (3). By MARTY'S criterion(1) the family { $ f_{a}(z)\rangle$ is normal in $|z|<1$ and $y=f(x)$ belongs to class (A) . If, on the contrary, 
Consequently the sequence $\{f_{a_{n}}(z)\}$ is not normal for $|z|<\rho,$ $\rho$ being any positive number less than unity.
Remark. The above theorem corresponds to theorem
It is well known that the characteristic function, $T(r)$ , of $y.=f(x)$ is given by the formula
Thus, from the above theorem, we obtain Theorem 2. Suppose that $y=f(x)$ is a meromorphic function of may select from the sequence \ l a n g l e $\psi_{n}(z)$ } of functions $\psi_{n}(z)\equiv f_{\zeta_{n}}(z)\equiv f(\frac{z-\zeta_{n}}{\overline{\zeta}_{n}z-1})$ a subsequence \ l a n g l e$\psi_{n_{\nu}}(z)$ } which converges uniformly to the limiting function $f_{0}(z)$ in the interior of $|z|<1^{ (1) Consequently the limiting function $f_{0}(z)$ has at least one a-point on $|z|=\rho$ , since all $z_{n\nu}^{\prime}$ lie on $|z|=\rho$ . Remembering that $\rho$ can be taken arbitrarily, it can be asserted that $f_{0}(z)$ is identical with a constant $a$ . Hence, it follows without difficulty that the original sequence $\langle f\zeta_{n}(z)\rangle$ converges to the constant limit $a$ . Thus, it is concluded that for any positive number $e$ , we may find a positive number $\delta=\delta(e)$ such that From the equality (5) of a sequence \ l a n g l e$fa_{n}(z)$ }, each member being a function of the first category, belongs also to the same category of class (A) . From these remarks, we get Theorem 7. Let $y=f(x)$ be a function of the first category of class $(A)$ . Then such a $posit\dot{w}e$ number $\rho(<1)$ can be found that $y=\acute{f}(x)$ takes every value at least once in the interior of the pseudocircle $C_{P}(a)$ , a denoting any point in the unit-circle.
Suppose that the assertion is false. Then we may find a sequence of points $\{a_{n}\}(|a_{n}|<1)$ and that of positive numbers $\{\rho_{n}\}(\rho_{n}<1$ , $\rho_{n}\rightarrow 1)$ such that for any natural number $n,$ $y=f(x)$ admits an exceptional value, say $a_{n}$ , in the interior of the pseudo-circle $C_{Pn}(a_{n})$ .
Hence the function $f_{a_{n}}(z)$ , obtained from $y=f(x)$ by formula (1) (1), that is:
Consequently we can apply a classical method(1) due to R. NEVAN-LINNA on the univalent functions in the unit-circle. As $f_{a}(z)$ is expanded into TAYLOR'S series for $|z|<1$ :
by putting $ z=p\zeta$ , the function
is univalent in the unit-circle. Consequently, $BiEBERBACHS$ inequality gives $|\frac{f^{\prime\prime}(a)}{f^{\prime}(a)}+\frac{2\overline{a}}{1-|a|^{2}}|\leqq\frac{4}{\rho(1-|a|^{2})}$ , whence follows as usual Theorem 9. If $y=f(x)$ is a locally univalent function of pseudomodulus $\rho$ in the unit-circle, then it follows, putting $|x|=r$, Here we can apply a known $fact^{\langle 2)}$ : Let $ F(z)=a_{0}+a_{1}z+\cdots$ , $|a_{1}|=1$ , be regular for $|z|<R$ and $|F^{\prime}(z)|\leqq M$ for $|z|<R$. Then $F(z)$
(1) E. LANDAU: Vber die BLOCHsche Konstante und zwei verwandte Weltkonstanten, Math. Zeit., vol. 30 (1929) , $\cdot$ p. 618.
(2) K. NOSHIRO: Proc. Imp. Acad. vol. 8 (1932) , p. 275.
